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Chirped Microwave Pulse Compression Using
a Photonic Microwave Filter With a
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Abstract—Chirped microwave pulse compression using a pho-
tonic microwave filter with nonlinear phase response to implement
matched filtering is proposed and investigated. The photonic mi-
crowave filter with the required phase response is realized based
on optical phase to microwave phase conversion through single-
sideband modulation and heterodyne detection. A detailed theoret-
ical analysis on the photonic microwave filter design and the lin-
early chirped microwave pulse compression is developed. A pho-
tonic microwave filter having a quadratic phase response with a
bandwidth of 3 GHz is implemented. An application of the pho-
tonic microwave filter for linearly chirped microwave pulse com-
pression is investigated.

Index Terms—Chirped microwave pulse, fiber Bragg grating
(FBG), frequency modulation, phase response, photonic mi-
crowave filter, pulse compression, radar.

I. INTRODUCTION

S PREAD-SPECTRUM techniques have been widely em-
ployed in modern radar systems to improve the radar range

resolution [1]. A spectrum-spread signal is usually generated
through pulse chirping or phase coding. Significant efforts have
been directed in the past few decades to the generation and pro-
cessing of chirped microwave pulses. Usually, a chirped mi-
crowave pulse can be generated and compressed in the electrical
domain using analog circuitry, such as a voltage-controlled os-
cillator for pulse generation [2] and a surface acoustic wave
(SAW) dispersive delay line for pulse compression [3]. The
major limitations associated with the use of these techniques
are the low central frequency and the small time-bandwidth
product. With the advancement of digital electronic technolo-
gies, the generation and processing of chirped microwave sig-
nals using digital signal processing (DSP) techniques have been
demonstrated [4], [5], but the performance is still limited due
to the relatively low sampling speed of the state-of-the-art dig-
ital electronics. On the other hand, in a modern radar system the
signals should have a central frequency up to tens or even hun-
dreds of gigahertz with a time-bandwidth product as large as 100

Manuscript received June 25, 2008; revised October 20, 2008. First published
January 19, 2009; current version published February 06, 2009. This work was
supported by the Natural Sciences and Engineering Research Council of Canada
(NSERC).

The authors are with the Microwave Photonics Research Laboratory, School
of Information Technology and Engineering, University of Ottawa, ON, Canada
K1N 6N5 (e-mail: jpyao@site.uOttawa.ca).

Color versions of one or more of the figures in this paper are available online
at http://ieeexplore.ieee.org.

Digital Object Identifier 10.1109/TMTT.2008.2011189

[1]. Therefore, there is a continued effort in finding solutions to
generate and process high frequency and large bandwidth mi-
crowave signals for modern radar applications.

An intense effort has recently been directed to the genera-
tion of high-frequency and large bandwidth chirped electrical
pulses in the optical domain [6]–[10] to take advantages of the
high speed and broad bandwidth offered by modern optics. In
general, chirped microwave pulse generation in the optical do-
main can be implemented based on either free-space optics [6],
[7] or guided-wave optics [8]–[10]. The key advantage of using
guided-wave optics is the small size, which makes the system
compact with better stability. In [9] and [10], chirped microwave
pulses were generated using a pure fiber-optic system based on
spectral shaping of an ultrashort optical pulse and frequency-to-
time mapping in a dispersive element. The frequency of the gen-
erated chirped microwave pulses can be as high as tens of giga-
hertz, limited only by the bandwidth of the photodetector.

On the other hand, chirped microwave pulses at a receiver
end should be compressed, which is usually realized via corre-
lation or matched filtering [1]. To implement pulse compression
for a high-frequency and broadband chirped microwave pulse,
optical techniques would be utilized. To the best of our knowl-
edge, no all-optical techniques have been reported thus far to
realize chirped microwave pulse compression. In [11], a hybrid
RF/laser radar system with an optical front end was reported
to implement pre-dechirping of the input pulses prior to DSP.
RF pulse compression with a central frequency below 1 GHz
was realized, which was limited by the low sampling rate of an
analog-to-digital converter.

In this paper, we propose a new technique to implement high-
frequency chirped microwave pulse compression in the optical
domain. This study is a continuation of our earlier research on
high-frequency chirped microwave pulse generation [9], [10].
In the proposed system, a photonic microwave filter with a non-
linear phase response that is opposite to the chirp profile of the
input chirped microwave pulse is used. When the input pulse is
passing through the microwave filter, the pulse is compressed.
The principle is similar to dispersion compensation in an optical
communication system, where a chirped fiber Bragg grating
(FBG) with an opposite chromatic dispersion is used to com-
press an optical pulse that is dispersed due to the chromatic dis-
persion of the fiber link [12].

We have recently proposed and demonstrated a technique to
design and implement a photonic microwave delay-line filter
with a nonlinear phase response based on nonuniform sampling.
Complex tap coefficients are usually required in a delay-line
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Fig. 1. Schematic diagram of the proposed chirped microwave pulse compression system. Laser diode (LD). Single-sideband modulator (SSBM). Optical phase
filter (OPF). Photodetector (PD).

filter to achieve a nonlinear phase response. In the proposed
system, a nonuniform sampling technique is applied to generate
equivalent complex tap coefficients [13]. Since the actual tap co-
efficients are all-positive, a simple implementation is ensured.
The major limitation of the technique is that a multiwavelength
source is required, since the tap number of the filter is deter-
mined by the number of optical wavelengths, which may make
the system bulky and costly.

In this paper, we demonstrate a photonic microwave filter
with a nonlinear phase response using a single wavelength. The
filter is implemented based on optical phase to microwave phase
conversion by using a single-sideband modulator and an FBG.
The FBG acts as an optical filter that is designed to have a
user-defined nonlinear phase response. The nonlinear optical
phase response is then transferred to the phase response of the
photonic microwave filter through single-sideband modulation
and heterodyne detection at a high-speed photodetector. There-
fore, by appropriately designing the dispersion characteristics of
the FBG, a photonic microwave filter with the desired nonlinear
phase response is realized. Note that the FBG is designed to have
a unity magnitude response across the entire passband; there-
fore, the photonically implemented microwave filter is operating
as a phase-only matched filter. In practice, the phase-only filter
is the easiest filter to implement since no amplitude modula-
tion is needed. In fact, our proposed technique enables both the
amplitude and phase modulations; therefore, other types of fil-
ters, such as a complex matched filter and modified inverse filter,
can also be implemented using this technique [14]. The primary
motivation behind the use of a phase-only filter is not only the
implementation simplicity, but also the better performance, in-
cluding higher power efficiency, as well as a narrower output
peak when compared with the use of a complex matched filter
[14].

The proposed technique is verified by a proof-of-concept ex-
periment. A photonic microwave filter with a quadratic phase
response over a bandwidth from 2 to 5 GHz is implemented. A
linearly chirped microwave pulse is compressed by the demon-
strated microwave filter. The filter bandwidth has the potential
to be greatly extended and will be limited only by the bandwidth

of the electrooptic modulator and the photodetector utilized in
the system.

This paper is organized as follows. In Section II, a theoretical
analysis on the microwave filter implementation and chirped mi-
crowave pulse compression is developed. In Section III, the ex-
perimental setup is described; numerical and experimental in-
vestigations are performed with the results presented. A discus-
sion on the filter bandwidth extension and system adaptability
is presented in Section IV. A conclusion is drawn in Section V.

II. SYSTEM CONFIGURATION AND THEORETICAL ANALYSIS

The schematic diagram of the photonic microwave filter for
chirped microwave pulse compression is shown in Fig. 1. In the
system, a continuous-wave (CW) light from a laser diode (LD)
is fiber coupled to an optical single-sideband modulator, which
is driven by an input chirped microwave pulse to be compressed.
The modulated optical field has a single-sideband format. The
carrier and one sideband are then sent to an optical phase filter
where different phase responses are applied to the carrier and
the sideband. The magnitude spectra of the optical field com-
ponents and optical filter response are also schematically illus-
trated in Fig. 1. The output microwave signal is recovered via
the heterodyne beating between the carrier and the sideband at
a high-seed photodetector.

We start our analysis by assuming that the input microwave
signal has a single frequency , which is also appropriate for
comparison with the swept-frequency measurements performed
in our experiment. If the optical carrier with a frequency is
modulated by the microwave signal in the single-sideband mod-
ulator, under small-signal modulation conditions, the single-
sideband intensity modulation can be regarded as a narrowband
linear modulation, and the spectrum of the modulated optical
signal has two major frequency components: the optical carrier

and one first-order sideband . The single-sideband
modulated optical field can then be described by

(1)
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Fig. 2. Experimental setup of the proposed system. Tunable laser source (TLS). Polarization controller (PC). Mach–Zehnder modulator (MZM). Fiber Bragg
grating (FBG). Vector network analyzer (VNA). Photodetector (PD).

where and denote the amplitudes of the optical carrier and
the single sideband. Without loss of generality, the upper side-
band is chosen in our treatment.

An optical filter with a transfer function of
is then used to modify the amplitudes

and phases of the optical carrier and the sideband. The optical
field at the output of the filter is given by

(2)

where and represent the frequency-dependent mag-
nitude and phase response of the optical filter, respectively.

The electrical current at the output of the photodetector is
proportional to the intensity of the input electrical field

(3)

Note that all high-order harmonic components are ignored in
(3) considering the fact that the high-order harmonic compo-
nents will be filtered out due to the limited bandwidth of the
photodetector. It can be seen from (3) that the first and second
terms on the right-hand side are dc components, and the third
term is the recovered microwave signal.

Considering that the input microwave signal is , we
can easily get the transfer function of the system

(4a)

(4b)

where and are, respectively, the magnitude and
the phase responses of the developed photonic microwave filter.
Since the optical filter can be designed to have a unity magni-
tude response across the entire passband, the implemented mi-
crowave filter can then maintain a constant amplitude transmis-
sion . Therefore, the filter is a phase-only
filter. The phase response of the microwave filter, from (4b), is
thus the optical phase difference between the optical carrier and

the sideband in the optical phase filter. Therefore, by appropri-
ately designing the phase or group delay characteristics of the
optical phase filter, we are able to create a photonically imple-
mented microwave filter with a desired phase response.

To compress a chirped microwave pulse, the microwave filter
should have a nonlinear phase response that is opposite to the
chirp profile of the input microwave pulse. The group delay in-
troduced by the microwave filter can be obtained from the filter
phase response by

(5)

In other words, the microwave filter can be regarded as a dis-
persive microwave device, which has a group delay response or
a chromatic dispersion that is opposite to that of the input mi-
crowave signal, leading to the pulse compression. The operation
is similar to optical pulse compression by dispersion compen-
sation in an optical communication system [12].

As a simple example, we consider the compression of a
linearly frequency-modulated (or linearly chirped) microwave
signal, which is the most commonly used pulsed signal in
modern radar systems [1]. For a linearly chirped microwave
signal with a pulsewidth of and a time-bandwidth product of

, the dispersion parameter of the microwave filter to realize
an optimal compression is

(6)

A detailed derivation of (6) can be found in the Appendix.
Under the condition given by (6), the maximum pulse compres-
sion ratio is equal to the time-bandwidth product of the chirped
microwave signal. Therefore, the technique presented here has
an equivalent compression performance to that of a complex
matched filter, which is widely used in radar systems [15].

III. RESULTS

A proof-of-concept experiment is carried out to verify the
proposed technique. The experimental setup shown in Fig. 2 is
built, which consists of a tunable laser source, a Mach–Zehnder
modulator (MZM), two FBGs, and a high-speed photodetector.
The tunable laser source has a wavelength tunable range from
1520 to 1620 nm and a wavelength resolution of 1 pm, which is
used as the optical source to produce a CW optical carrier. A po-
larization controller connected before the MZM is used to adjust
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the polarization state of the optical carrier to the MZM, to mini-
mize the polarization-dependent loss. The swept-frequency mi-
crowave signal generated by a vector network analyzer (VNA)
is applied to the MZM via its RF port. At the output of the
MZM, the modulated optical signal consisting of an optical car-
rier and two sidebands is generated. To realize single-sideband
modulation, a narrowband FBG, FBG1, with very high reflec-
tivity is used as an optical bandstop filter to suppress one side-
band while transmitting both the optical carrier and the other
sideband without introducing additional phase distortions. Al-
though single-sideband modulation using a dual-drive modu-
lator and a microwave phase shifter has been developed [16], our
double-sideband modulation FBG approach is a promising
alternative with the features of low cost and easy to implement.
The experimental result shows that a sideband suppression ratio
as high as 50 dB is realized by using a regular MZM and a strong
narrowband FBG. The second FBG, FBG2, is properly designed
to have a phase response to introduce phase changes to both
the optical carrier and the remaining single sideband. The mi-
crowave signal is then recovered via heterodyne detection at the
high-speed photodetector. The frequency response of the pho-
tonically implemented microwave filter is characterized by the
VNA.

A. Design of FBG as an Optical Phase Filter

In the proposed system, FBG2 shown in Fig. 2 is designed to
have a phase response, which is transferred to the microwave
filter with the desired phase response for chirped microwave
pulse compression. As a simple example, to realize pulse com-
pression of a linearly chirped microwave signal, according to
(5), the microwave filter with a linear group delay is required.
Equation (5) can then be rewritten as

(7)

where is the frequency-dependent optical group delay
experienced by the remaining sideband in FBG2.

According to (7), FBG2 with a highly linear optical group-
delay response within a narrow bandwidth from to
would enable the implementation of a microwave filter with a
linear group-delay response. To efficiently compress the input
linearly chirped microwave pulse, the optical group delay re-
sponse, or the optical dispersion of the FBG2 must be properly
designed according to the characteristics of the input microwave
pulse, such as the chirp parameter and the frequency band-
width . According to (7), the required optical dispersion pa-
rameter (in picoseconds/nanometer) is determined by the mi-
crowave pulse chirp profile, and is expressed as

(8)

where is the optical carrier wavelength, is the refractive
index of the FBG, is the width of the input pulse, is the

Fig. 3. Designed FBG for the implementation of the optical phase filtering.
(a) Reflection sepctra. (b) Group delay responses (solid lines: experimental re-
sults; dashed lines: simulation results).

pulse bandwidth, and is the signal frequency chirp
parameter.

Consider an input linearly chirped microwave pulse having a
bandwidth GHz, a chirp parameter GHz/ns,
which corresponds to a time-bandwidth product of 11.25.
Therefore, according to (8), FBG2 should have a large chro-
matic dispersion of 16770 ps/nm in a 0.024-nm bandwidth.
This requirement can be met by using a uniform FBG. Fig. 3
shows the reflection spectrum and the group delay response of
a fabricated uniform FBG. Both the simulation and experiment
results are shown in Fig. 3 for comparison. The simulation
results, which are obtained by solving the coupled mode equa-
tions using the piecewise-uniform matrix approach [17], are
shown as dashed lines. Based on the simulation, a uniform
FBG with a length of 50 mm, a refractive index modulation
of 0.00008 and a central wavelength of 1556.08 nm is then
fabricated using a frequency-doubled Argon-Ion laser oper-
ating at 244 nm. The measured results are plotted in Fig. 3 as
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Fig. 4. Experimental results: optical spectra of the gratings and the optical sig-
nals (solid line: transmission of FBG1; dashed line: reflection of FBG2; dotted
line: single-sideband modulated optical signal).

solid lines. From Fig. 3(b), we can see that in the spectrum
down-ramp region (enclosed by a dotted rectangle, around
0.018-nm bandwidth), nearly linear group delay difference of
240 ps is achieved, which is equivalent to an optical dispersion
of 13610 ps/nm. As an optical phase filter, the FBG is preferred
to have a unity magnitude response. Although the magnitude
spectrum is falling off rapidly within the dashed rectangle, it
only has impact on the envelope of the compressed pulse. It is
the group delay response that determines the microwave filter
performance for pulse compression.

Such an FBG with the properly designed group delay re-
sponse can then be used to build a photonic microwave filter
with a quadratic phase response for linearly chirped microwave
pulse compression. Note that the realized optical dispersion is
not exactly identical to the designed dispersion value. The op-
tical dispersion mismatch may reduce the filter performance for
microwave pulse compression.

B. Microwave Filter With a Nonlinear Phase Response

A microwave filter is experimentally demonstrated using the
FBG presented above based on the setup shown in Fig. 2. The
wavelength of the optical carrier is set at nm.
The first FBG, FBG1, which is used as an optical notch filter to
filter out one sideband, has a center wavelength of 1556.23 nm,
a 3-dB bandwidth of 0.04 nm, and a sideband suppression ratio
more than 50 dB. The other FBG, FBG2, designed as an optical
phase filter, has a center wavelength of 1556.10 nm and a 3-dB
bandwidth of 0.067 nm. The measured transmission spectrum of
FBG1, the reflection spectrum of FBG2, as well as the spectrum
of the single-sideband modulated optical signal, are all shown
in Fig. 4, where the microwave modulating frequency is

GHz. In our implementation, the upper sideband (with
shorter wavelength) is selected. Note that, however, in general,
either one of the two sidebands can be chosen.

Both the magnitude and phase responses of the implemented
microwave filter are measured using the VNA by sweeping the
modulating frequency from 2 to 5 GHz while keeping the output

Fig. 5. Experimental results: frequency response of the microwave filter.
(a) Magnitude transmission response (solid line: measured response; dashed
line: desired response). (b) Measured phase response. Inset: parabolic phase
response after subtracting the linear phase component (dashed line: quadratic
curve-fitting; dotted line: theoretical prediction).

RF power of 5 dBm. The operational frequency range is mainly
limited by the narrow operational bandwidth of the optical filter.
One solution to eliminate this limitation is to develop an optical
phase filter with a broader operational bandwidth. This will be
discussed in more detail in Section III-C.

Fig. 5(a) shows the measured magnitude response of the im-
plemented microwave filter. As discussed in Section II, the de-
sired microwave filter is a phase-only filter with a flat magni-
tude response, as shown via the dashed line in Fig. 5(a). The
measured magnitude response has a good flatness with varia-
tions limited within 4 dB. The variations in magnitude response
are mainly resulted from the three sources: the electrical-optical
conversion at the MZM, the optical-electrical conversion at the
photodetector, and the nonflat magnitude response of the op-
tical filter (FBG2). A theoretical analysis on the impact of op-
tical filter magnitude response variations on a linearly chirped
microwave pulse when passing through a photonic system has
been reported in [18].

The measured phase response of the microwave filter is
plotted in Fig. 5(b). The polynomial curve-fitting shows that the
phase response is nearly quadratic. Based on the fitting result,
the microwave dispersion parameter of the microwave filter can
be calculated as

ns (9)

Note that the microwave filter has a strong linear phase
response in addition to the desired quadratic phase response,
which means that a large frequency-independent group delay is
introduced in the filter. To show the nonlinear phase response
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more clearly, the linear phase component
can be removed from the entire measured phase response. A
parabolic phase response is thus obtained after subtracting the
linear phase, as shown in the inset of Fig. 5(b). A quadratic
curve-fitting is also shown via the dashed line. The phase varia-
tion is limited within around 0.4 rad. The theoretical prediction
of the phase response by (6) is also plotted as dotted line in
the inset for comparison. Note that the difference between the
phase response of the implemented microwave filter and that
of the desired filter mainly comes from the optical dispersion
mismatch in FBG2, as discussed in Section III-A.

Photonic microwave filter with arbitrary phase response using
a spatial light modulator has been recently reported [19]. The
key advantage of the approach is that the spatial light modu-
lator can be updated in real time, which enables the filter to be
reconfigurable with arbitrary phase and magnitude responses.
The major difficulty associated with the use of a spatial light
modulator, however, is that free-space optics is required, which
involves fiber-to-space and space-to-fiber coupling, making the
system bulky, lossy, and complicated. The approach presented
in this paper is implemented in a pure fiber-optics-based plat-
form, which features a smaller size, lower loss, and a better re-
sistance to the environmental changes. In addition, the use of all
fiber-based components has the potential for integration using
photonic integrated-circuits techniques.

C. Linearly Chirped Microwave Pulse Compression

The compression of a linearly chirped microwave pulse
using the implemented microwave filter with a quadratic phase
response is investigated. Consider again the linearly chirped
Gaussian microwave pulse with a bandwidth GHz and
a chirp parameter GHz/ns. The original temporal
waveform with a pulsewidth ns is plotted as a
dotted line in Fig. 6. The compressed microwave signal is
obtained at the output of the microwave filter, which is given by

(10)

where is the transfer function (both amplitude and phase)
of the implemented microwave filter, is the Fourier trans-
form of the input signal , and denotes the inverse
Fourier transform operation.

The compressed microwave pulse calculated based on (10) is
also shown as a solid line in Fig. 6. A pulse compression ratio of
5.62 is achieved. Both the desired and achieved system perfor-
mances are summarized in Table I for comparison. We can see
that the compression ratio is smaller than the time-bandwidth
product of the input microwave pulse due to the mismatch be-
tween the phase response of the microwave filter and that of the
input microwave pulse. Based on (6), the optimal microwave
filter dispersion parameter should be ns . On
the other hand, the realized microwave filter dispersion param-
eter is ns . The microwave dispersion parameter
mismatch is due to the optical dispersion mismatch. The de-
sign of an optical phase filter with more accurate group delay
response would enable an improved compression performance.
The inset of Fig. 6 provides a zoom-in view of the compressed
microwave pulse envelope (via a solid line). The envelope of

Fig. 6. Temporal waveforms (dotted line: original microwave pulse; solid line:
compressed microwave pulse). Inset: zoom-in view of the envelopes of the com-
pressed microwave pulses.

TABLE I
COMPARISON OF SYSTEM PERFORMANCES

Time-bandwidth product (TBWP).

compressed Gaussian microwave pulse by an ideal phase-only
filter is also plotted for comparison (via a dashed line). Note
that the microwave filter magnitude response perturbations have
no obvious impact on the pulse compression (even a slight im-
provement on the compression ratio).

IV. DISCUSSION

A. Bandwidth Extension

In this paper, a proof-of-concept experiment is carried out,
which works within a relative narrow bandwidth (a few giga-
hertz), limited by the bandwidth of the optical phase filter. For
many practical applications, high-frequency and broadband
linearly chirped microwave pulses are usually required to be
compressed. In addition, the magnitude response variations
are found in the demonstrated microwave filter. Therefore,
a broadband optical phase filter with a linear group-delay
response and a flatter magnitude response will be required to
achieve true phase-only filtering for high-frequency linearly
chirped microwave pulse compression. One solution to the
problem is to construct a long-length linearly chirped FBG,
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Fig. 7. Simulation results: reflection spectrum and group delay of a broadband
linearly chirped FBG.

which can provide a large linear group delay. Moreover, the
linearly chirped FBG with a properly designed index modula-
tion function would ensure the microwave filter to have a unity
magnitude transmission response. Such a grating reconstruc-
tion problem can be numerically solved by using the inverse
scattering algorithms, such as the discrete layer-peeling (DLP)
algorithm [20].

As an example, to build a microwave filter with a quadratic
phase response for the compression of a linearly chirped mi-
crowave pulse with a bandwidth of 50 GHz, and a chirp param-
eter GHz/ns, the linearly chirped FBG should have
an optical dispersion of 5000 ps/nm, a bandwidth of 0.4 nm,
and a grating length as long as 30 cm. Since the facility cur-
rently available in the laboratory cannot fabricate such a long
grating, the potential of the proposed technique for broadband
operation is supported by simulations. Fig. 7 shows the simu-
lation results of a linearly chirped FBG designed by using the
DLP algorithm. Both the linear group delay and unity magni-
tude response are obtained. In fact, such a long grating can be
easily realized with the current FBG fabrication technology. Re-
cently, a linearly chirped FBG with a length up to 1 m has been
demonstrated [21], which can be used to compress a chirped
microwave pulse with a bandwidth as large as 165 GHz for the
same given chirp parameter. In addition, a longer grating length
would make it easier to control the magnitude response of the
grating.

B. Compression of Nonlinearly Chirped Microwave Pulse

In our study, only a linearly chirped microwave signal is con-
sidered since it is the most commonly used pulsed signal for
most of the applications. It is worth noting that a linear fre-
quency chirping is not always necessary in a microwave pulse
compression system. In fact, the frequency modulation can be
of any form, provided that the compression filter in the receiver
end is designed to match the phase of the microwave pulse to be
compressed.

Here we consider the compression of a nonlinearly chirped
microwave pulsed signal. The use of a nonlinearly frequency
modulated signal for pulse compression has the advantage of

Fig. 8. Simulation results: reflection spectrum and group-delay response of a
broadband nonlinearly chirped FBG.

a reduced sidelobe level if the input pulse is compressed [22].
According to the expressions in (5) and (7), to compress a non-
linearly chirped microwave signal, an optical phase filter with a
quadratic group-delay response, or equivalently, a cubic phase
response is required. In addition, the optical phase filter should
have a broad bandwidth and a unity magnitude response. The
DLP algorithm is again utilized to reconstruct the desired FBG
in the numerical simulation. A nonlinearly chirped FBG with a
quadratic group delay is obtained, with the reflection spectrum
and group delay response being shown in Fig. 8. A simple way to
fabricate such a nonlinearly chirped FBG is to use a custom-de-
signed nonlinearly chirped phase mask [23], but at a higher cost.
A low-cost solution is to generate a nonlinearly chirped FBG
from a regular linearly chirped FBG by applying a strain to the
grating using the strain-gradient beam tuning technique [9].

V. CONCLUSION

We have proposed an approach to implementing microwave
pulse compression using a photonic microwave filter with a non-
linear phase response. The proposed microwave filter was real-
ized based on single-sideband modulation and heterodyne de-
tection at a high-speed photodetector, to transfer the optical filter
response to the response of the microwave filter. The key com-
ponent in the proposed system is the FBG, which was designed
to have a user-defined nonlinear phase response. The key ad-
vantage of this approach is that the system can be implemented
using pure fiber-optic components, which has the potential for
integration.

A detailed theoretical analysis on the photonic microwave
filter design and the chirped microwave pulse compression
was developed. A photonic microwave filter having a quadratic
phase response with a bandwidth of 3 GHz was experimentally
generated. The compression of a linearly chirped microwave
pulse using the implemented microwave filter was investi-
gated. A pulse compression ratio of 5.62 was demonstrated. To
achieve a higher pulse compression ratio for a highly chirped
microwave pulse, an optical filter with more accurately con-
trolled phase response and a broader bandwidth is required.
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Potential solutions were discussed and demonstrated by numer-
ical simulations.

For an optical filter with large bandwidth, the operation fre-
quency of the system is limited only by the bandwidth of the
photodetector and the modulator. For example, to compress a
chirped microwave pulse with its highest frequency of 50 GHz,
both the photodetector and the modulator must have a band-
width of 50 GHz.

The demonstrated approach offers an optical solution to the
compression of a high-frequency chirped microwave signal for
applications in modern radar and other civil and defense sys-
tems.

APPENDIX

Mathematically, an amplitude-normalized linearly chirped
Gaussian microwave pulse can be expressed as

(11)

where is the width of the pulse at the maximum,
is the central microwave angular frequency, is the
signal frequency chirp parameter, and is the overall frequency
bandwidth. The reason we select a Gaussian pulse rather than a
normal rectangular pulse is that a Gaussian pulse has inherently
low correlation sidelobes.

The frequency-domain expression of the linearly chirped
Gaussian signal can be obtained by the Fourier transform

(12)
where denotes the Fourier transform operation. Here, for
simplicity, we introduce a new notation , which is
the time-bandwidth product of the linearly chirped microwave
signal.

It is known that the group delay of the linearly chirped mi-
crowave signal is a linear function with respect to the microwave
frequency. According to (5), to compress the linearly chirped
signal, a microwave filter with an opposite linear group delay re-
sponse, or equivalently, a quadratic phase response is required.
According to (4b), this can be obtained by setting the optical
phase filter with a quadratic phase response. A detailed anal-
ysis on the design of the optical filter with the required phase
response for the linearly chirped microwave pulse compression
has been represented in Section III. Here, we firstly consider a
microwave filter with a quadratic phase response, given by

(13)

where is a constant phase shift, is a fre-
quency-independent group delay introduced by the filter, and

is the dispersion parameter of the microwave
filter. Since the last two terms will not affect the operation of the
pulse compression, only the first term will be considered here.

The transfer function of the microwave filter with
only the first term in (13) being considered is given as

. When the linearly chirped

signal is passing through the filter, we have the filtered mi-
crowave signal , which is given by

(14)

Therefore, the filtered microwave signal maintains its
Gaussian shape, but with a compressed pulsewidth. Let
represent the pulsewidth of the signal after passing through the
microwave filter. The pulse compression ratio is then given
as follows:

(15)

According to (15), the compression only occurs when the mi-
crowave filter has an opposite dispersion with respect to that
of the input chirped microwave pulse . The pulse
reaches the maximum compression when the chirp of the input
pulse is completely cancelled by the dispersion of the filter.
Mathematically, for an input chirped microwave signal with a
given chirp, the maximum compression factor occurs when the
following condition is satisfied:

(16)

where (in ns s ) denotes the optimal filter disper-
sion parameter required for a maximum compression of a lin-
early chirped microwave pulse with a time-bandwidth product

and a pulsewidth . Equation (16) gives us a guideline for the
design of a microwave filter with an optimal phase response for
a given linearly chirped microwave pulse. The maximum com-
pression ratio can be calculated by

(17)

For , which is always true for a highly chirped mi-
crowave pulse, we have . This demonstrates that
the maximum compression ratio is equal to the time-bandwidth
product of the input linearly chirped microwave signal.
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